In this paper, we consider 2 × 2 non-cooperative elliptic system involving Laplace operator defined on bounded, continuous and strictly Lipschitz domain of R n . First we prove the existence and uniqueness for the state of the system under conjugation conditions; then we discuss the existence of the optimal control of boundary type with Neumann conditions, and we find the set of equations and inequalities that characterize it.
Introduction

 
So many optimal control problems governed by partial differential equations have been studied as in [1] [2] [3] .
Systems governed by elliptic, parabolic, and hyperbolic operators have been considered, some of which are of distributed type as in [4] [5] [6] [7] [8] [9] [10] [11] [12] , while some others are of boundary type as in [13] [14] [15] [16] [17] .
Boundary control problems for non-cooperative n n  elliptic systems involving Laplace operator have been discussed in [17] .
Here, using the theory of [3] , we study the boundary control problem for 2 × 2 non-cooperative elliptic systems involving Laplace operator but under conjugation conditions. Let us consider the following elliptic equations: where we have the following notations: Ω is a domain that consists of two open, non-intersecting and strictly Lipschitz domains Ω 1 and Ω 2 from an n-dimensional real linear space R n i.e. Ω 1 , 2 R   are bounded, continuous, and strictly Lipschitz domains such that
, and is a boundary of a domain  , i = 1, 2.
In addition, 
The model of system (1) is given by:
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Since the adjoint system takes the form [3] :
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